Introduction
Let / and g be real functions such that 0 < f 2 (t)dt < oo and 0 < g 2 A double series inequality associated with (1.1) can be formulated as follows.
If (a n ) and (b n ) axe sequences of real numbers such that 0 < J^li < oo and 0 < ^Z^Li < 00 then OO OO , OO t in OO ,/ 0
<«> E E ^ < *(E a ») (E 6 «)
n=lm=l n=l n= 1 where the constant factor n is the best possible. Hardy-Hilbert's inequalities (1.1) and (1.2) are important in mathematical analysis and its application (cf. [1, Chap. 9] ).
Recently Hu [3] and Gao, Li and Debnath [4] gave two distinct improvements of (1.1), and Gao [5] gave a strengthened version of (1.2). By introducing parameter A € (0,1] and estimating the weight function, Yang [7] gave a generalization of (1. 
Then we have Sulaiman in [6] has proved the following generalization: [9'(y 
Similarly Therefore (2.4) follows. Now the equivalence of (2.4) and (2.5) follows from Lemma 2.1 by putting Then (2.6) and (2.7) are equivalent. 
